
0T3bffi O<}>HUHa.JibHOrO OIIIIOHeHTa Ha )(HCCepTaUHIO 

3epKa.JibHWI CHMMeTpiDI )(llil 11pOCTbiX 3JIJIHIITHqeCKHX OC06eHHOCTeH C )(eHCTBHeM rpyllllbl 

11pe)(CTaBJieHeyiO Ha COHCKaHHe yqeHOH CTelleHH 
KaH)(H)(aTa <}>H3HKO-MaTeMaTHqecKHX HayK 

110 ClleUHa.JibHOCTH 01.01.06- MareMaTINeCKasi nornKa, anre6pa H reopiDI 

3epKarri>Hasi CHMMeTpiDI Ha cero.[(WIIIIHHH .neHb 11pe.ncTaBIDieT co6oii KpaHHe aKTHBHO 
pa3BHBaiOJUYIOCH 06JiaCTb 3HaHHH, HaXO)(HJUYIOCH Ha CTbiKe TaKHX pa3HbiX HayK, Ka.K 
BeCI>Ma IIPO.D:BHHyTasi arrre6paHqecKasi reoMeTpiDI, TeopernqecKasi <}>H3HKa H TeopiDI 
OC06eHHOCTeH. lloTeHUHa.JI 3epKa.JibHOH CHMMeTpHH )(0 CHX 110p Ha MOH B3rJIH)( OCTaeTCH 
He BIIOJIHe OC03HaHHbiM, Ta.K )l(e, Ka.K H B03MO)I(HOCTH ee 11pHMeHeHIDI K OIIHCaHHIO 
B3aHMOCBH3eH Me)J()(y Ha llepBbiH B3rJIH)( COBepmeHHO pa3HbiMH TeOpHHMH. 
llepBbie 11pHMepbl 3epKa.JibHOH CHMMeTpHH 11pHmJIH H3 <}>H3HKH, H3 TeX Ha6JIIO)(eHHH, 
HHOr)(a Bpo.ne 6bi COBepmeHHO Me)l()(y C060H He CBH3aHHble MO)(eJIH 06Jia,z:J;aiOT, HallpHMep, 
O.D:HHMH H TeMH )l(e qHcJiaMH EerrH, HO paciiOJIO)J(eHHbiMH "B o6paTHOM IIOPH.D:Ke", T.e. 
HMeeT MeCTO HeKOTOpasi )(ya.JibHOCTh, 11pHpo.na KOTOpOH TeM He MeHee OCTaBarraCb (H 
OCTaeTCH B Ollpe.neJieHHOH Mepe )(0 CHX 110p) He IIOHHTOH, HeCMOTpH Ha MHOrOqHcJieHHbie 
YCHJIHH yqeHbiX MHpOBOrO ypOBHH Ha3BaTh HMeHa BHTTeHa, ,l(y6pOBHHa, 
P .Kay<}>MaHa K. H M. CaHTo H .np.) 3Ta CHMMeTpHH oqeBH.D:HO CBH3aHa c my6oKo 
3arrpxTaHHbiMH CBoiicTBaMH reopHii, He cnyqaiiHo caMa TepMHHOJIOriDI A- H E-Mo.neneii 
6epeT Haqarro B TeOpHH CTpyH H 6paH, T.e. MHOrOMepHbiX 06'beKTOB, 
o6Jia,z:J;aiOIUHX TeM He MeHee BeCbMa CBOHCTBaMH, CBH3aHHbiMH 110 BCeH 
BH)(HMOCTH C TeM, qTO 3TH 06'beKTbl OIIHCbffiaiOTCH HeKOTOpbiMH HHTerpHpyeMbiMH 
CHCTeMaMH. 
BTOpasi rJiaBa- BBO)(HWI, B HeH .naeTCH KpaTKOe (H MO)I(eT 6b1Th H3JIHIIIHe KpaTKoe) 
OIIHCaHHe <}>po6eHHYCOBbiX CTpyKryp: ypaBHeHIDI accoumtTHBHOCTH (B,l1;BB), ceMeHCTB 
IIJIOCKHX MeTpHK, <}>opMbl 06'beMa. 0)(HHM H3 rJiaBHbiX BOIIpOCOB OTHOCHTeJibHO 
KOHKpeTHOH <}>po6eHeyCOBOH CTpyKrypbi OKa3bmaeTCH 3a,n;aqa 11epexo.na OT JIOKa.JibHbiX 
CTpyKryp ( 3a,z:J;aHHbiX B OKpeCTHOCTHX oco6eHHOCTeH HeKOTOporo rHIIOTeTHqecKH 
cymeCTBYIOIUero MHOroo6pa3HH) K rJI06a.JibHbiM CTpYKTYPaM C06CTBeHHO Ha YKa38JUIOM 
MHoroo6pa3HH. Bo3MO)I(HOCTh Ta.Koro 11epexo.na .narreKo He oqeBH.D:Ha, H IIOJiyqeHHe 
YCJIOBHH Ha ero cymeCTBOBaHHe 11pe)(CTaBIDieT C060H Ba)l(eyiO, HO qacTO H HCKJIIOqHTeJib-
HO 3a,n;aqy. TeM He MeHee, y)l(e caMo 110 ce6e cymecTBOBaHHe TaKoro 
MHoroo6pa3IDI qacTo II03BOIDieT c.nenaTb .narreKo H.nyiUHe BbiBO.D:bi: HallpHMep, B reopHH 

peKypCHH cymeCTBOBaHHe ClleKTpa.JibHOH KpHBOH 
II03BOIDieT ycTaHOBHTb .nyarri>HOCTh Me)l()(y <}>po6eHeycoBhlMH MHoroo6pa3HHMH, 
IIOCTpOeHHbiMH Ha 6a3e .D:BYX (CHHryiDipHbiX) .D:H<}><}>epeHUHa.JIOB Ha 3TOH KpHBOH, KOTOpbie 
11pH 3TOM .na)l(e MoryT HMeTI> pa3JIHqHI>Ie pa3MepHocrn. Ha 6onee MaTeMarnqecKoM H3biKe 
3TO 03HaqaeT, qTo H3 rJI06a.JibHOH o-MO)(eJIH B ee CHHryJIHPHbiX 
11onyqaiDTCH pa3JIHqHI>Ie JIOKa.JibHI>Ie A-Mo.neJIH. EcTeCTBeHHbiM CBH3YIDIUHM 3BeHoM 11pH 
11epexo.ne OT JIOKa.JibHbiX MO)(eJieH K rJI06a.JibHbiM OKa3biBaeTCH )(eHCTBHe rHBeHTaiDI (Ha 
<}>H3HqeCKOM H3biKe - 6oroJI1060BCKOe 11peo6pa30BaHHe ), KOTOpoe B 
11pHHUHIIe OKa3biBaeTCH 6onee 06JUHM H yCTaHaBJIHBaeT CBH3b He TOJibKO Me)J()(y 
reOMeTpHHMH (KJieTKaMH CTapmeH pa3MepHOCTH B KOrOMOJIOrHHX), HO H Me)l()(y 
C06CTBeHHO KOrOMOJIOrHqecKHMH TeOpiDIMH, IIOCTpOeHHbiMH Ha 6a3e 3THX reOMeTpHH 
(TeopeMa TeneMaHa II03BOIDieT CTpOHTb Bee IIOPH.D:KH KoroMonorHqecKHX TeopHii, ecJIH 



H3BeeTeH nopH.l{oK). Bee eKa3aHHoe .[{eMoHe'IJ)HpyeT, lffO mo6oe npo.[{BH:>KeHHe B 
ITOelpOeHHH H ,[{0Ka3aTeJibeTBe eyii(eeTBOBaHIDI 06'DeKTOB, llO.[{liHIUIIOII(HXe.si 3epKaJibHhlM 
eHMMe'IJ)H.siM, HMeeT oeo6eHHyiO n;eHHOeTb B eoapeMeHHOH MaTeMaTHKe H 
MaTeMaTWJ:eeKOH <l>H3HKe. 
B 'IJ)eToeH: rJiaae Kpyr 3a,n;aq, Henoepe.[{eTBeHHO paeeMalpHBaeMLIX 
eoHeKaTeJieM, a HMeHHO BBO,[{HTe.si rJI06aJibHM 3epKaJIDHM eHMMelpiDI .[{JI.si npoeTDIX 
3JIJIHITTWJ:eeKHX oeo6eHHOeTeH, KOTOpbie OKa3bffiaiOTe.si eB.si3aHHhlMH e 
rpynnaMH E6, E1 H Es. B .[{HeeepTan;HOHHOH pa6oTe npoH3BO.[{HTe.si no.[{po6Hom aHaJIH3 
Beex 3THX KpHBbiX. B eB.si3aHHOH e npe.[{bi.zzyii(eH qernepTOH rJiaBe ,[{aeTe.si OITHeaHHe 
3epKaJibHO eHMMe1pWIHOrO 06'beKTa- TeOpHH rpoMOBa-BHTTeHa 3JIJIHITTHqeeKHX 
op6H<i>OMOB - H llO.[{p06HO OITHeaHbl MO.lzyJI.sipHbie eBOHeTBa 3TOH TeOpHH, B qaernoem 
oqeHb Ba:>KHoe .[{JI.si .[{aJibHeH:mero paeeMolpeHIDI .[{eifeTBHe rpynnLI SL(2,C) Ha 
npOelpaHeTBe <l>po6eHHyeOBbiX MHoroo6pa3HH. C 3TOrO MOMeHTa OITHeaHHe 
eo6eTBeHHO ,[{OeTH:>KeHHH ,[{HeeepTaHTa B .[{aHHOH 06JiaeTH. K HHM OTHOe.siTe.si: 
}iaHOe ITOe'IJ)OeHHe ( e MaeeHBHbiM npHMeHeHHeM KOMllbiOTepHbiX MeTO,[{OB BDNHeJieHHH) 
npenoTeHI:(HaJIOB 3JIJIHITTWJ:eeKHX <l>po6eHeyeOBbiX MHOroo6pa3HH B rJiaBe 4; 
AKeHOMaTH3al:(H.si <l>po6eHeyeOBbiX MHOroo6pa3HH B op6H<l>OMHDIX A- H n-MO.[{eJieH THITa 
JlaH.[{ay-rHH36ypra a maae; 
TeopeMa o e,[{HHerneHHOeTH <Ppo6eHeyeoaa MHoroo6pa3IDI B YKa3aHHOH aKeHoMaTHKe .[{JI.si 

3epKaJibHOH napoi Es- op6H<l>oM Z3 B maae 6; 
IJoe1p0eHHe 3epKaJibHbiX eHMMe1pHH .[{BYX THITOB .[{JI.si BbllllenpHBe,[{eHHOH napbl 

MHOroo6pa3HH (B rJiaBaX 6 H 8). 
IJoeyqeHHe 3THX pe3yJioTaTOB IT01pe60BaJIO rey60KOrO 3HaHIDI KaK TeOpHH 
<i>po6eHHyeOBbiX MHOroo6pa3HH, TaK H TeOpHH MO.LzyJI.sipHbiX <l>opM. Boo61I(e, nporpeee B 
o6JiaeTH 3epKaJibHbl3 eHMMe'IJ)HH 1pe6yeT npe.[{meeTBYIOII(ero OeBOeHIDI rey60KO 
npo.[{BHHyToro H TPY.[{Horo B noHHMaHHH MaTepHaJia, Ha noeJie.[{HHX 
,[{OeTH:>KeHH.siX aJire6paHqHeeKOH reoMe1pHH, HayqHa.sJ: KOHKYpeHI:(IDI B 06JiaeTH 
3HaHH.si KpaifHe aKTHBHa, noeTO.siHHO npOBO.[{.siTe.si KOH<l>epeHn;HH, Ha KOTOpbiX 
06MeHHBaiOTe.si ITOeJie,[{HHMH ,[{OeTH:>KeHH.siMH H ,[{HeeepTaHT npHHHMaeT B HHX eaMoe 
aKTHBHOe yqaeTHe. 

Bee 3MBJieHHbie pe3yJILTaTbi opHrHHaJibHbi H HHTepeeHbi. CoHeKaTeJib nponH.[{ ee-
KaK nepeneKTHBHbiH HeeJie,[{OBaTeJib, ,[{HeeePTaU:HOHHM pa6oTa KOTOporo e03,[{aeT XO-

pOIDHH 3a,ZJ;eJI .[{JI.si ,[{aJibHeHmHX HeeJie,[{OBaHHH aKeHOMaTHKH 3epKaJibHOH eHMMelpHH H ee 
,[{0Ka3aTeJibeTBe B ITOJIHOM 06'beMe a TaK:>Ke .[{JI.si ITOelpOeHIDI Ha HaeTO.siii(ee BpeM.si He 
eyii(eernyroii(eif 3KBHBapHaHTHOH TeopHH rmoeKHX eTPYKTYP CaHTo. K MeJIKHM 
He.[{OeTaTKaM MO:>KHO OTHeeTH HeKOTOpyiO JiaiTH.[{apHOeTb eTHJI.si, oeo6eHHO 
npo.siBJI.siiOII(yiOe.si B BBO,[{HOH qaeTH ,[{HeeepTal:(HH, BpH.l{ JIH ,[{OerynHOH ,[{a:>Ke enel:(HaJIHery 
B o6JiaeT.siX MaTeMaTHKH, He eB.si3aHHbiX e 3epKaJIDHbiMH eHMMMe1pH.siMH H 
<l>po6eHHyeOBbiMH MHOroo6pa3H.siMH. 3TO HHKOHM o6pa30M He eHH:>KaeT BbleOKOH OI:(eHKH 
,[{aHHOH pa6oTDI, a eoHeKaTeJIL -AJieKeeH: AH.[{peeBHq EaeaJiaeB - 6eeenopHo 3aeJIY:>KHaaeT 
npHey)K,[{eHIDI HeKOMOH eTeiTeHH KaH,[{H,[{aTa <l>H3HKO-MaTeMamqeeKHX HayK. 
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